Abstract. In the present paper, making use of certain operators, some theorems involving inequalities on meromorphically multivalent functions in the punctured unit disk are obtained. Moreover, some of the results which are important for geometric function theory are also included.
Introduction
Let M p denote the class of functions f(z) of the form:
which are analytic in the punctured unit disk V = U \ {0}, where
A function f(z) belonging to the class M. v is said to be meromorphically multivalent starlike of order a if and only if
We denote by MS p (a) the subclass of M p consisting of functions which axe meromorphically multivalent starlike of order a.
Furthermore, a function f(z) belonging to the class M p is said to be meromorphically multivalent convex of order a if and only if
We also denote by MK. p (oc) the subclass of M p consisting of functions which are meromorphically multivalent convex of order a.
In particular we denote:
We note that
(See, for details, Goodman [8] , Düren [4] , Srivastava and Owa [12] .)
A function f(z) € M p is said to be in the class W p (m, q] a) if it satisfies the inequality: (1) where 
The subclasses of meromorphically multivalent functions and classes of functions defined by some operators were studied (among others) by Srivastava et al. ( [1] , [2] , [3] , [7] and [11] ), Dziok and Irmak [6] (see also [5] and [9] )-In the present paper we obtain some sufficient conditions for functions to be in the class W p (m, q\ a). Some sufficient conditions for convexity and starlikeness are also given.
Main results
In proving our results (Theorems 1-3 below), we shall need the following Jack's Lemma. We begin by proving Then, making use of (6) in (5), we obtain By (2) we have \Q(zo)\ > p -and it contradicts (3). Hence, \w(z)\ < 1 (z eU), and from (4), it follows that f(z) 6 W p (m, q; a). Wp(m + 1, g; a) c Wp(m, q\ a) (m < a) . Proof. We define w(z) by which obviously contradicts (7), so that |w(z)| < 1 (z 6 U). Thus, definition (8) immediately yields the inequality (1) , that is f(z) e W p (m, q\ a). Hence, the proof is completed.
THEOREM 2. If a function f(z)
Putting ¡3 = -A = 1 in Theorem 2 we obtain the following corollary. 
Applications
By choosing suitable parameters p, m, q and a in Theorem 2 and Corollary 2, we can obtain certain interesting results. For example, by taking m = q = 0oTm = q -1 = 0, we get the following results, respectively. 
